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The detrimental influence of high levels of sustained load on the compressive
strength of concrete has been acknowledged and investigated since the 1950s.
Despite the potential significance of this phenomenon in many situations, current
design codes still provide limited guidance on how to account for this effect at ulti-
mate limit state. In addition, the practical case of a significant permanent stress fol-
lowed by stress increases due to variable loads is not addressed in most codes of
practice. The aim of this paper is to present a general but simple design approach
to account for the influence of sustained loading on the uniaxial behavior of con-
crete in compression, both in terms of its strength and deformation capacity. This
approach is based on a previously developed mechanical model accounting for
nonlinear creep and material damage development on the long-term response of
concrete. On that basis, a design approach is formulated in a simple code-like man-
ner and used to investigate several practical design situations involving both sus-
tained and variable actions. This approach is shown to be consistent and applicable
to any general loading pattern, accurately reproducing the results of the general
mechanical model and of available experimental results.

KEYWORDS

deformation capacity, inelastic strain, internal redistribution, loading pattern,
long-term strength, nonlinear creep, strain rate, sustained load

1 | INTRODUCTION

As already well-established since the early developments of
concrete, the compressive strength increases with time due
to the continued cement hydration1 (see red curve in
Figure 1a). For this reason, already the first standards for
reinforced concrete defined a concrete age (tref) to character-
ize the compressive strength of concrete and its associated
mechanical properties (for instance 28 days according to the
Swiss Code of 1903,2 90 days according to the French Code
of 1906 and 42 days according to the Austrian Code of
1907, refer to Mörsch3). The reference time was in these

codes in accordance to the rules related to the age at which
removal of the scaffolding was allowed (which were usually
lower than tref, see for instance the Swiss Code of 19032).
This approach already implicitly considered that additional
permanent loads and variable actions are relevant for the
structural performance in addition to self-weight, and that
they are usually applied at a time larger than tref (see blue
curve in Figure 1a).

When assessing the structural performance at ultimate
limit state, the uncertainties related to actions (higher stresses
than expected) and the uncertainties related to the concrete
strength (including the difference between the strength of the
specimens for concrete testing and the local in-situ strength)
have to be accounted for. This can be done by considering
characteristic values for the actions and material properties
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and by applying pertinent partial safety factors
(as performed in Figure 1b with respect to Figure 1a). This
means that the verification is performed using design values
for the internal actions and resistances. It can be noted that,
in this frame of ultimate limit state analysis (which is a
potential real situation, although with a very small probabil-
ity of occurrence) the acting stresses may be relatively high
compared to the material resistance,4 which may be detri-
mental for the material strength.5

This phenomenon (see Figure 1b) was already observed
in the 1950s by the pioneer works of Shank6 and later inves-
tigated in detail by Rüsch.7–9 According to Rüsch,8 when a
high level of stress is applied to the concrete at a certain age
(t0), the strength of the material does not necessarily increase
with time (as for unloaded specimens due to the continued
cement hydration), but it may reduce. This occurs normally
for stress levels above approximately 75–80% of the strength
of the material at the time of loading (fc,t0, tested under stan-
dard conditions leading to failure in about 1–2 min accord-
ing for instance to ISO 1920-4:200510). This fact is sketched
in Figure 1c for a concrete specimen subjected to a constant
level of high stress (but below the resistance of the concrete
at the time of loading, fc,t0), showing that failure occurs after
some time of application of the action. According to these
observations, Rüsch8 established the concept of sustained
load strength, that he defined as the maximum stress level at
which concrete can be permanently loaded without failure.

For the case of actual structures, the detrimental influ-
ence of high levels of sustained load is only notorious after a
significant fraction of the permanent load has been applied
to the structure. This can be seen in Figure 1b, by the decay
in the red curve (material resistance) for high levels of per-
manent load. Thereafter, the strength may increase again due
to the continued cement hydration, but in any case the
strength is reduced with respect to that of an unloaded mate-
rial (dashed red curve in Figure 1b). Failure will eventually
occur when the action equals the resistance, which may take
place at different moments depending on the acting variable
actions and material decay on the strength (as already
observed by Rüsch8 and others,11–13 see Figure 1b).

Due to its practical relevance, the topic of the long-term
strength of concrete structures has attracted many research
efforts after the works of Rüsch, with a number of investiga-
tions conducted both for normal strength concrete11,13–22

and high-strength concrete.22–27 The same phenomenon has
been also investigated for the tensile and flexural behavior
under sustained load (see for instance References 28–30).
Within this frame, most experimental evidence with respect
to the effect of sustained loading on the compressive
strength has been obtained by considering a constant stress
level applied to the member (refer to the load pattern shown
in Figure 1c). However, some experimental programs and
researches have also reported this phenomenon for low load-
ing rates.14,31,32 Several authors have also investigated the ori-
gin of the phenomenon, relating the delayed failure of
concrete to microcracking and to material damage develop-
ment and progression.14,19,33,34 According to these research
works, if the level of sustained stress is higher than the
threshold at which microcrack propagation is likely to occur
(σc/fc > 0.4, typically associated to the development of non-
linear creep strains), delayed damage may develop in the
material. At elevated sustained stress levels (σc/fc > 0.75, cor-
responding to Rüsch's sustained load strength), a significant
amount of delayed damage may develop, yielding to unstable
crack propagation over time and potentially to material failure.

For moderate levels of permanent load (σ between ~0.4�fc
and 0.6�fc) applied to the material, a small beneficial influence
of sustained levels of stress has been observed on the material
strength.19 This fact, confirmed experimentally,35 has been
attributed to the beneficial internal stress redistributions occur-
ring in the material19 (reducing stress concentrations; alterna-
tive explanations of this phenomenon can be consulted
elsewhere36), but is usually neglected in practice.

With respect to codes, the approach for the design of
new structures usually considers that the detrimental effect
of sustained loads on the concrete strength can be compen-
sated by the increase of strength due to continued cement
hydration after the reference time tref. This is for instance the
approach followed by MC201037 and EN 1992-1-1:200438

when the reference strength is considered at a time tref equal

t
ref

t
0
=t

ref
t
0 
+ Δt

F

(c)(b)(a)

Δt
F

strength reduction due to
high sustained loading

t
ref

co
n
cr

et
e 

st
re

ss
an

d
 s

tr
en

g
th

time

co
n
cr

et
e 

st
re

ss
an

d
 s

tr
en

g
th

time

co
n
cr

et
e 

st
re

ss
an

d
 s

tr
en

g
th

time

failure

constant sustained
loading

f
c,tref

construction

evolution of strength due to
continued cement hydration

additional permanent loads

variable
actions

variable
actions

testing of
concrete
strength

testing of
concrete
strength

potential
failure

ULSSLS Research
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to 28 days. However, when the reference time for evaluation of
the compressive strength is higher (tref > 28 days), the uniaxial
compressive strength has to be reduced accordingly to account
for the effects of sustained loading (refer for instance to coeffi-
cient kt in EN 1992-1-1:2004,38 recommended to be 0.85 in
§3.1.2(4)). This is a typical situation for the assessment of exist-
ing structures, where the concrete strength can be updated after
long periods of service of the structure and almost no strength
increase due to cement hydration can be expected anymore (this
also presumes that concrete has suffered no degradation pro-
cesses such as alkali-aggregate reaction, sulfate attack or freeze–
thaw cycles). However, when a general loading case is consid-
ered (refer for instance to Figure 1b) there is usually little or no
guidance on how to determine in a simple and consistent man-
ner the uniaxial compressive strength of concrete.

In this context, the aim of this paper is to provide a sim-
ple analytical approach to evaluate the compressive strength
of concrete when subjected to long-term actions and
accounting for potentially high levels of stress. The topic is
analyzed by using the theoretical frame of Tasevski et al.,13

which provides a model to assess the material damage and
its influence both in terms of strength and deformation
capacity. The model is consistently verified with test results
considering different loading patterns (sustained stress, stress
rates and strain rates) and formulated in a design-friendly
manner. On that basis, several practical design situations are
analyzed, deriving a number of practical recommendations.

2 | CONCRETE STRENGTH IN CASE OF
CONSTANT SUSTAINED LOADING

A number of approaches on the modeling of nonlinear creep and
associated damage as well as for prediction of delayed failure of
concrete can be found in literature. Many of these approaches
are based on material damage development13,14,31,39–43 and
others are based on fracture mechanics.19,44–47 Within this work,
the approach of Tasevski et al.13 will be followed. This approach

is based on the hypothesis of affinity between linear and non-
linear creep strains (proposed by Fernández Ruiz et al.14) and
accounts for material damage development associated to non-
linear creep. This chapter gives a short review of this approach.

2.1 | Nonlinear creep strains

If concrete is subjected to a compressive stress lower than
~0.4�fc, the correlation between the delayed creep strain and
the instantaneous strain is almost linear (Figure 2a) and thus
governed by a linear creep phenomenon without develop-
ment of any significant material damage. At higher stress
levels (σc/fc > 0.4), the linear correlation between the
delayed creep strain and the instantaneous strain is lost and
additional nonlinear creep strains develop.13 This loss of lin-
ear correlation is due to the damage process in the material
associated to concrete microcracking.

According to several authors,33,42,44 the development of
inelastic strains associated to material damage can be sepa-
rated into three phases (Figure 2b). In the primary creep
phase (immediately after load application), the strains
develop at a high-initial rate and stabilize with time. In the
following (secondary creep) phase, the rate is fairly constant.
At high-load levels, the microcrack propagation becomes
unstable and leads to failure of the specimen (see Figure 2),
corresponding to the tertiary creep phase. This latter phase is
characterized by an increasing rate of strains, resulting in an
uncontrolled process of crack coalescence.

2.2 | Failure criterion

Following the approach of Fernández Ruiz et al.,14 the
inelastic strain capacity εcc,in,av for a given stress level
defined as the difference between the instantaneous post-
and pre-peak strains for that level of stress (Figure 3a) can
be assumed as the governing parameter for the failure crite-
rion. This value can be directly calculated by using the
monotonic stress–strain curve of concrete in compression, as
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further verified experimentally by Tasevski et al.13 The
monotonic response is considered to be obtained at a refer-
ence strain rate of _ε = 0.02 ‰�s−1 (~2 min to reach the max-
imum strength). Failure is considered to occur when the total
inelastic strain developed by the material (accounting for
secondary and tertiary creep strains) equals the inelastic
deformation capacity (see Figure 3b).

Similar approaches by other authors have been reported,
where the monotonic stress–strain curve is used as a failure
criterion for fatigue life.5,48,49 Details on the development of
inelastic strain related to material damage and on the calcula-
tion of failure can be found in Tasevski et al.13 and are sum-
marized in the following section.

2.3 | Development of inelastic strain by concrete at
high stress levels

According to Tasevski et al.,13 the strains developed for a
concrete loaded at time t0 can be described in a general man-
ner by the following expression:

εc t,
σc
f c

� �
= εc0 t0,

σc
f c

� �
+ Δεcs t, t0ð Þ + Δεcc t, t0,

σc
f c

� �
,

ð1Þ
where the first term on the right side of the equation

(εc0 t0, σc
f c

� �
) corresponds to the instantaneous prepeak strain

(including elastic and inelastic components, refer to the
short-term behavior in Figure 2a), the second (Δεcs(t, t0)) to
the shrinkage strains (assumed not to be associated to any

material damage) and the third (Δεcc t, t0, σc
f c

� �
) to the creep

strains.13

The creep strains can be divided into primary, secondary
and tertiary creep in the following manner:

εcc t, t0,
σc
f c

� �
= εcc, 1 t, t0ð Þ + εcc, 2 t, t0,

σc
f c

� �

+ εcc, 3 t, t0,
σc
f c
,

εin
εin, av

� �
, ð2Þ

where the primary creep strains are calculated by means of
the linear creep coefficient (and are not associated to mate-
rial damage):

εcc, 1 t, t0ð Þ = φlin � εc0: ð3Þ
The secondary creep strains (due to micro-cracking

development and thus associated to material damage) are
evaluated as14:

εcc, 2 t, t0,
σc
f c

� �
= η− 1ð Þ � εcc, 1 t, t0ð Þ, ð4Þ

where the coefficient η is expressed as follows13,14:

η
σc
f c
, t, t0

� �
= 1 + 2 � ητ t, t0ð Þ σc

f c tð Þ
� �4

 !
, ð5Þ

and coefficient ητ takes into account the development of the
nonlinear creep strains with time13:

ητ t, t0ð Þ = 1− log
t− t0

tm + t− t0

� �� �n

, ð6Þ

where constant values tm = 100 days and n = 0.75 can be
generally assumed.13 It can be noted that when t ! ∞, then
ητ ! 1 and consequently Equation (6) takes the form origi-
nally suggested by Fernández Ruiz et al.14 for nonlinear
creep strains after a long time.

The development of tertiary creep strains (associated to
micro-crack coalescence and thus also to material damage)
can be evaluated by taking into accounting the ratio of
developed-to-available inelastic strains (εcc,in/εcc,in,av) and
the level of stress, calculated by means of the following
equation13:

εcc, 3 t, t0,
σc
f c
,

εcc, in
εcc, in, av

� �
= γ

σc
f c

,
εcc, in

εcc, in, av

� �

� εcc, 2 t, t0,
σc
f c

� �
: ð7Þ

In the ratio εcc,in/εcc,in,av, the term εcc,in,av corresponds to
the total available inelastic strain and is characterized by the
short-term monotonic response of concrete (Figure 3a). The
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term εcc,in corresponds to the developed nonlinear creep
strain (total strain minus shrinkage, instantaneous and linear
creep strains).

For low values of the ratio εcc,in/εcc,in,av, tertiary creep
strains have a negligible contribution, whereas they increase
at a growing rate when failure approaches. As suggested by
Tasevski et al.,13 the parameter γ can be calculated with help
of the following expression:

γ =
1
2
� εcc, in

εcc, in, av tð Þ
� �α

for σc=f c tð Þ ≥ 0:75: ð8Þ

According to this assumption, γ is zero for stress levels
below the threshold of possible tertiary creep development
(σc/fc = 0.75). The shape of the tertiary creep curve is gov-
erned by the parameter α, which can be considered equal to
4, based on the analysis of experimental results by Tasevski
et al.13 At failure, εcc,in = εcc,in,av which results εcc,3 = ½εcc,2.
This formula is in addition consistent with the affinity hypoth-
esis originally formulated by Fernández Ruiz et al.14 that con-
siders εcc,2 = 2/3εcc,in,av and εcc,3 = 1/3εcc,in,av (Figure 2b).

A significant advantage of the presented model is the
fact that it is strain-based and allows thus tracking the
amount of material damage for any loading history, and to
calculate both the strength and deformation capacity of con-
crete for any potential loading pattern.

2.4 | Comparison of the developed model to the fib
MC2010 approach and proposal of an analytical
expression

According to fib MC201037 (Equation (5.1–53)), the com-
pressive concrete strength in case of a constant sustained
loading starting at time t0 and for a duration ΔtF can be
expressed by (Equation (5.1–53) of fib MC2010,37 notation
adapted consistently to the one of this paper):

f c t0 + ΔtFð Þ = f c, 28 � βcc t0 + ΔtFð Þ � βc, sus ΔtFð Þ: ð9Þ
In this expression, the influence of two effects is consid-

ered: the increase of strength due to continued cement hydra-
tion (βcc(t0+ΔtF)) which depends on the age at failure
t0 + ΔtF and the strength reduction due to sustained loading
(βc,sus(ΔtF)) which depends on the load duration ΔtF. The
parameter βcc(t0 + ΔtF) can be calculated for tref = 28 days
with Equation (5.1–51) of fib MC201037 (notation adapted
consistently to the one of this paper):

βcc t0 + ΔtFð Þ = e
s� 1−

ffiffiffiffiffiffiffiffiffiffi
28

t0 + ΔtF

p� �
, ð10Þ

where s is a coefficient that depends on the cement type. For
tref different to 28 days, Equation (10) has to be replaced by:

βcc t0 + ΔtFð Þ = e
s� 1−

ffiffiffiffiffiffiffiffiffiffi
tref

t0 + ΔtF

q� �
�
ffiffiffiffi
28
tref

p
: ð11Þ

With respect to the parameter βc,sus(ΔtF) in Equation (9),
it accounts for the strength reduction due to sustained

loading, and is evaluated by means of the following expres-
sion (Equation (5.1–54) from fib MC2010,37 notation
adapted consistently to the one of this paper):

βc, sus ΔtFð Þ = 0:96− 0:12 � ln 72 � ΔtFð Þð Þ1=4, ð12Þ
where ΔtF is measured in days. This expression has been
obtained as a best fit of test results by the research group of
Rüsch.8,9 It can be noted that, since the evaluation of the test
data was made adding the initial loading time (20 min for
those tests) to the sustained loading duration, the expression
is in principle only applicable for ΔtF > 0.015 days (=
20 min). In addition, the coefficient 0.96 in this expression
covers the difference of a test loaded in 20 min and a stan-
dard test loaded in approximately 2 min.50

Figure 4 presents a comparison of these expressions with
the model described in the previous section and the test data
gathered in Tasevski et al.13 collected from several research
groups.6,9,17,22,26 The sustained loading duration has been
corrected to account consistently for the duration of the ini-
tial loading phase. It can be seen in that figure that the fib
MC201037 expressions (green lines in Figure 4a–c) provide
a lower limit of the measured strength under sustained load-
ing. Furthermore, the formula is only valid for times of
application of the load larger than 20 min, which makes the
expression rather sensitive (strong drop on the strength after
20 min) and limits its field of application. In addition, the
coefficient βc,sus(Δt) according to MC2010 does not depend
on the concrete age at loading (t0), but only on the time dura-
tion for which the load is applied (Δt). However, according
to the test results and the theoretical model,13 the age of con-
crete at loading is a significant parameter.

Figure 4 also plots the results of the model by Tasevski
et al.13 (black solid curves in Figure 4). This approach yields
to a smooth and gradual reduction of the strength with
increasing times of application of the load.

Accounting for these facts, it is considered that current
fib's MC2010 formula can be improved to yield to more con-
sistent predictions of the behavior and to expand its range of
validity to short-time applications of the load (lower than
20 min). On the basis of the results presented in this paper
and by analysis of the results, the following analytical
expression is proposed for the phenomenon of strength
reduction due to high levels of sustained loading:

βc, sus t0,ΔtFð Þ = λ t0ð Þ + 1− λ t0ð Þ
1 + k2 ΔtF

t0

� �1=k1 : ð13Þ

This expression is derived by fitting of the numerical
predictions of the general model by Tasevski et al.13 with a
simple analytical equation depending both on t0 and ΔtF. It
can be noted that Equation (13), differently to Equation (12),
shows an explicit dependence on t0 as: (1) the inelastic strain
development is based on a creep model that depends on t0
and ΔtF, and a monotonic response that depends on t0;
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(2) the failure envelope depends on the monotonic response
which is calculated at t0 + ΔtF.

With respect to the parameters of Equation (13), the
values k1 = 10; k2 = 104 and λ(t0) = 0.64 + 0.01�ln(t0) (with
t0 in days) can be adopted yielding to overall accurate and
consistent results. A comparison of the results of the model
by Tasevski et al.13 and those of Equation (13) can be seen in
Figure 5. A nice agreement is found, yielding in addition to a
good approximation of the sustained load strength (values
about 80% of the reference strength, indicated with a circle in
Figure 4). It shall be noted that Figure 5 presents the failure of
concrete under constant levels of stress. Cases where the
material does not fail and additional loading can be applied
will be discussed in Section 3.

2.5 | Deformation capacity and redistribution of
internal forces

Due to the fact that the development of nonlinear creep
strains at high-stress levels may potentially lead to failure
under sustained load, this phenomenon has traditionally been
considered as a detrimental effect for concrete. With this
respect, it shall nevertheless be noted that the development
of nonlinear creep increases the deformations of the material
at a non-proportional rate with respect to regions where lin-
ear creep governs. This phenomenon can be observed in
Figure 2a, where the curve defining the creep limit (deforma-
tions of the material accounting for instantaneous and creep
strains) loses the proportionality for stress levels above 40%
of the (short-term) compressive strength of the material. Some
test results as well as the predictions of the theoretical model

by Tasevski et al.13 with respect to this phenomenon can also
be seen in Figure 4d–f, where the deformation capacity at
peak load is plotted as a function of the load duration.

As a consequence of this nonlinear response in terms of
strains, redistributions of stresses can occur between regions
deforming more (those subjected to high level of stresses
and developing nonlinear creep strains) and those deforming
less (those subjected to a linear creep response). This is a
potentially beneficial influence of the development of non-
linear creep strains as it contributes reducing the stress level
at the most stressed regions.

One clear example of this beneficial influence can be
observed in the compression zone of members in bending,
where the outermost compressed fibers reduce relatively
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FIGURE 4 Comparison of experimental data points with the theoretical model13 (solid black lines, Tasevski et al.13) and fib MC2010 (Equation (12), solid
green lines) for constant sustained stress (s = 0.25)
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their stress due to nonlinear creep. As experimentally
observed,8,51 this phenomenon justifies why adopting a para-
bolic/constant stress distribution in the compression zone
due to bending is more realistic than adopting one based on
the short-term material response and considering a linear
profile of strains (see Figure 6).52

Another example where this phenomenon is significant
refers to the response of reinforced concrete columns with lim-
ited second order effects. In these cases, governed by the com-
pressive strength of concrete and by the presence of the
longitudinal reinforcement steel, the additional deformation due
to creep allows to increase the contribution of the compression
reinforcement (which is potentially not yielded when concrete
crushes under rapid loading conditions). Thus, while slow load-
ing rates or sustained loading may be detrimental for the
strength of columns with low longitudinal reinforcement ratios
(low contribution of the reinforcement to the overall strength),
it may be beneficial for columns with large reinforcement ratios
(additional contribution of the reinforcement compensating for
the decrease of the concrete contribution).

3 | CONCRETE STRENGTH FOR
DIFFERENT LOADING PATTERNS

3.1 | Introduction

Despite the fact that most research on the topic of nonlinear
creep behavior has been performed on specimens loaded
under a constant sustained stress (Figure 1c), structures are

seldom subjected to such type of loading. On the contrary,
refer for instance Figure 1b, most structures are subjected to
other loading patterns. With this respect, three loading pat-
terns can be identified as particularly relevant for practice:
approximately monotonic stress rates (Figure 7a, typically
referring to the construction sequence); approximately mono-
tonic stress rates after application of a first loading ramp
(Figure 7b, typically referring to the application of dead loads
after construction) or loading patterns with a rapid increase of
load after a period of quasi-sustained loading (Figure 7c, typi-
cally referring to live loads in addition to permanent loads).

With reference to these patterns, design codes usually pro-
vide no general method to assess their structural response
accounting for the progression of material damage with time.
In addition, refined and general approaches (as the one of
Tasevski et al.13) may be too complex for their application in
practice. In the following, a simple methodology to calculate
the response of a structure subjected to a general loading pat-
tern will thus be presented. The approach is based on the
Palmgren-Miner's rule, whose pertinence will be justified from
a theoretical perspective and by comparison to test results. By
making use of this tool, the various loading patterns relevant
for practice shown in Figure 7 will be investigated (cases
(a) and (b) in Section 3.3 and case (c) in Section 3.4).

3.2 | The Palmgren-Miner's rule for linear damage
accumulation

The concept of linear damage theory was initially developed
by Palmgren53 in 1924 and extended later by Miner54 in
1945, being widely used thereafter to describe the fatigue
life of engineering materials.55 Its main assumption con-
siders that, when a material is subjected to a given stress
amplitude, the damage accumulation is in linear correlation
with the cycle ratio, that is, D = (N/NF), where N refers to
the number of cycles elapsed with a given stress amplitude
and NF is the number of cycles that leads to failure for that
stress amplitude. For variable amplitude fatigue loads, the
total accumulation of damage D would thus read:

D =
Xn
i = 1

N σið Þ
NF σið Þ , ð14Þ

short term

response

long term

response

FIGURE 6 Compression zone of a member in bending with stress
distribution under short-term and long-term loading
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where i is the index of the i-th amplitude (stress level σi),
and the occurrence of failure would be given when D = 1.

It is worth noting that Palmgren-Miner's formulation of
damage does not account for the order in which the different
stress levels are applied, which has been reported as a draw-
back of this rule.55 Also, there is actually no thoroughly
mechanical justification grounding it. Another reported
drawback is the linearity assumption of damage accumula-
tion for all stress levels.56 Hence, some authors have con-
tested the applicability of the Palmgren-Miner's rule for
concrete, especially in the case of variable amplitude load-
ings and complex loading patterns.49,55,57–59 Despite these
drawbacks, the Palmgren-Miner's rule has still been widely
used due to its simplicity and reasonable fitting to test
results, and is for instance acknowledged in fib Model Code
201037 for detailed fatigue verifications.

With respect to the failure of concrete under variable sus-
tained stress (low stress and strain rates), the Palmgren-
Miner's rule can be applied by analogy to the case of fatigue
life estimation under variable stress amplitudes, reading:

D =
Xn
i = 1

Δt σið Þ
ΔtF σið Þ = 1 at failureð Þ, ð15Þ

where Δt(σi) is the duration of the i-th level of sustained
stress σi and ΔtF(σi) is the associated failure time for the
same constant level of sustained stress (normally only occur-
ring for stress levels above σc/fc = 0.75). The sum can also
be written in an integral form in the following manner:

Xn
i = 1

Δt σið Þ
ΔtF σið Þ =

ðΔt
0

dt σð Þ
ΔtF σð Þ : ð16Þ

In the following sections, the Palmgren-Miner's rule will
be used in combination with Equation (13) proposed in
Section 2.4 for calculation of the time to failure (ΔtF) for a
given level of sustained load.

3.3 | Application to a constant stress rate with and
without initial stress level

To apply the Palmgren-Miner's rule presented in Section 3.2,
the accumulation of damage can be integrated by means of a

discretization of the loading history in time steps. Figure 8
shows for instance the case of a constant stress rate without and
with an initial stress level (σperm, refer to Figure 8a and b,
respectively). According to the Palmgren-Miner's rule, the first
load steps generate low or no damage in the material. The stress
level at failure for a given duration of the loading pattern is con-
sequently higher than the one corresponding to a sustained
loading pattern (refer to the solid and dashed lines in Figure 8).
When an initial stress level is applied (Figure 8b), the first load
steps generate more material damage and the failure stress is
consequently closer to that of a constant sustained loading.

The results for these loading cases are investigated in Fig-
ures 9a,b (case without rapid preloading and with a rapid pre-
loading σperm = 0.5�fc), comparing the numerical predictions of
the mechanical model from Tasevski et al.13 (solid lines) and
the integration of Equation (13) by means of the Palmgren-
Miner's rule (dashed lines). The results show fine agreement
for the different regimes: when the strength decays (damage
governing, higher strain rates) and when the strength increases
(continued cement hydration governing, lower strain rates).
Values above one are also possible for significant strength
increase due to continued cement hydration (typically associ-
ated to rather low strain rates). A comparison to the test results
on variable stress rates from Tasevski et al.13 (with and without
rapid preloading) is also plotted in Figure 9c,d, showing sound
agreement for the different cases investigated. It can be noted
that the results of the model are in good agreement with the test
results even for very low times of application of the load,
despite the fact that the creep model used13 (fib's MC2010) has
not been calibrated to precisely describe these cases.

3.4 | Application of a rapid additional loading after a
period of sustained load

Another loading pattern of practical relevance corresponds
to the case when additional rapid loading is applied after a
period of permanent sustained loading (Figure 7c). When the
levels of permanent load are high (Figure 10a–c), material
damage (εcc,in in Figure 10b) develops and the strength
reduces accordingly14 (see Figure 10b), with reducing
strength for increasing levels of damage. At failure, the total
applied stress (σtot, comprising the effect of permanent and
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FIGURE 8 Example of a numerical discretization scheme for the Palmgren-Miner's rule for loading case of a constant stress rate: (a) no initial preload;
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variable actions) equals the compressive strength accounting
for the detrimental effect of sustained loading and the benefi-
cial effect of continued cement hydration.

For practical purposes, two situations may be relevant
with respect to this loading pattern:

• Application of the variable action after a permanent stress
level (σperm in Figure 10a) above the threshold of failure
under sustained load. In this case (point A in Figure 10a),
large material damage occurs associated to reductions of
the material strength (resulting in σtot < fc(t0 + Δt1), see
Figure 10b). In any case, if the permanent action were
applied for a sufficiently long period of time, a delayed
failure of the material would occur even without the appli-
cation of the variable action (point B in Figure 10a,c).

• Application of the variable action after a permanent
stress level (σperm in Figure 10d) below the threshold of
failure under sustained load. In this case, if the stress
level is sufficiently low, the material will suffer no
(or very limited) damage and no strength reduction will
be apparent (σtot = fc(t0 + Δt1), point D in Figure 10f).
However, in some cases (for permanent stress levels
close to the sustained load strength, Figure 10e), a cer-
tain material damage can occur and this can potentially
lead to a reduction of the material strength when the vari-
able action is applied (point C in Figure 10d,e). In this
case, as the continued cement hydration eventually com-
pensates for the material damage due to the sustained
loading, a minimum value to the strength can be found
(represented as point C0 in Figure 10d).

For the former situation (Figure 10a–c), the envelopes of
the reduction of strength (points A) for a constant level of
permanent stress (σperm) are plotted in Figure 11a. The case
corresponding to the permanent stress level equal to the sus-
tained load strength is represented by the green curve, while
cases with higher levels of permanent load are plotted as
gray curves. The dark gray area in the top right corner of
Figure 11b denotes thus the area where a failure under per-
manent load is possible even if no variable actions were
applied.

It is interesting to note that similar shapes of the curves
(almost linear) and strength reductions are found for other
times of application of the permanent load (t0, refer to the
red and blue dashed curves in Figure 11b).

For the case of permanent stress levels below the sus-
tained load strength of concrete (no delayed failure under
only permanent load), the solid curves in Figure 11b repre-
sent the envelopes of minimum material resistance after
application of the variable action (points C0 in Figure 10d).
The shape of these curves can again be reasonably approxi-
mated by a linear segment, defining the region where a
reduction on the concrete strength can potentially happen
due to the damage developed during the application of the
permanent stress level (refer to the area shaded in light gray
in Figure 11b). It is interesting to note that for ratios σperm /
σtot < 0.75 no strength reduction is to be accounted for.
Above this threshold, safe design can be performed by con-
sidering a linear reduction (up to 20%) of the uniaxial com-
pressive strength. This can be considered in the format of a
design expression as follows:
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FIGURE 9 Comparison of the theoretical model13 (solid lines) and the analytical approach based on the Palmgren-Miner's rule (dashed lines) for constant
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σtot
f c t0 + Δt1ð Þ = 1:0 if

σperm
σtot

≤ 0:75

σtot
f c t0 + Δt1ð Þ = 1:6− 0:8

σperm
σtot

if
σperm
σtot

> 0:75:
ð17Þ

It can be noted that for total levels of stress σtot ≤ 0.75
�fc(t0 + Δt1), there is no strength reduction.

4 | PRACTICAL DESIGN
CONSIDERATIONS

4.1 | Implications for codes of practice

In codes of practice, the design compressive strength of con-
crete is used in a number of situations such as (i) the
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resistance of axially-loaded members (e.g., columns), (ii) the
compression zone due to bending, (iii) the compression field
due to shear in webs of girders and beams, (iv) the strut
resistance when designing using strut-and-tie models or
stress fields and (v) partially loaded areas (e.g., introduction
of bearing or prestressing forces). For all these cases, design
equations used in codes of practice have been validated and
calibrated on the basis of laboratory tests. Since these tests
are usually conducted in a period varying between approxi-
mately 20 min and some hours, it can be stated that the
structural design formulas for verification at ultimate limit
state already partially account in an implicit manner for the
detrimental influence of low stress or strain rates. Figure 12
shows for instance that for typical test durations and typical
specimen ages, it can be assumed a compressive concrete
strength decrease between 4% - 8% compared to a material
test duration of approximately 2 min (according to ISO
1920-4:200510). For this reason, the strength ratio at failure
previously discussed (σtot/fc(t0 + Δt1)) may be corrected by
increasing it by approximately 6% when formulas for design
of structural elements are used. Thus, in the previous
Equation (17), this effect can be accounted for by shifting
the curve in the following manner:

σtot
f c t0 + Δt1ð Þ = 1:0 if

σperm
σtot

≤ 0:85

σtot
f c t0 + Δt1ð Þ = 1:85−

σperm
σtot

if
σperm
σtot

> 0:85,
ð18Þ

where design values for the stress and material strength shall
be considered (Figure 1b). As a consequence, for the case
σperm/σtot = 1, the limit stress value shifts from 0.80
(Equation (17)) to 0.85 (Equation (18)). It can also be noted
that, for practical purposes, the stresses indicated in
Equation (18) are normally replaced by a generalized stress
(internal forces).

4.2 | Design versus assessment

As already introduced, for design of new structures, codes of
practice usually assume that the detrimental effect of sus-
tained loading is compensated by the strength increase due
to continued cement hydration. This fact is investigated in
Figure 13 for the most critical loading case (σperm/σtot = 1)
and with reference to different types of cement (defined by
the parameter s characterizing the rheology of cement hydra-
tion and thus the increase of concrete strength with time37).
The results are calculated on the basis of the refined rheolog-
ical approach by Tasevski et al.13 and assuming Equa-
tion (10) for calculation of the continued cement hydration
(refer to black curves in the diagrams for the material com-
pressive strength for rapid loading). In the figures, several
cases are presented corresponding to the application of a sus-
tained load at different ages. It can be observed that, for a
given t0, the strength decreases as the time of application of
the sustained load increases, reaching an envelope curve (red
curves in Figure 13) at approximately 80% of the rapid load-
ing strength.

It can be noted that the assumption that the detrimental
effect of the sustained load on the compressive strength is
compensated by the continued cement hydration is valid
only when the time of load application t0 is sufficiently large
(refer to the construction sequence in Figure 1b). With this
respect, the areas shaded in light gray in Figure 13 refer to
the period when the sustained loading effect is not fully
compensated by the continued cement hydration. In addi-
tion, the time when the concrete strength is not fully com-
pensated depends significantly on the value of parameter s.
For instance, considering a tref = 28 days (see Figure 13),
the full compensation of the strength occurs after 4 months
for s = 0.35 (low early strength class concrete) and 2 years
for s = 0.25 (ordinary early strength class concrete). For the
case of s = 0.15 (very high-early strength class concrete),
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the continued cement hydration does not even appear to fully
compensate for the effects of sustained loading.

With this respect, and as previously discussed, it shall be
noted that for design of structural members (columns, bend-
ing, shear in webs…) the detrimental effect of sustained
loading is already partially accounted for in the design equa-
tions. This implies that, for design of structural members, the
period where the continued cement hydration does not fully
compensate for the sustained loading effect can in fact be
assumed shorter than for the material response. This can be
seen in Figure 13, where the corrected ratio between the fail-
ure under sustained load strength (1/1.06 discussed in
Section 4.1) is also plotted.

For assessment of existing structures, the approach to be
followed is very different to that for design. The concrete
strength is in this case usually updated by means for instance
of core samples extracted from the actual structure at a time tref
much larger than 28 days (normally some years or decades
after construction). Consequently, the concrete strength increase
due to continued cement hydration can be reasonably neglected
and, if the sustained loading is governing (σperm ≈ σtot), then a
conservative value σtot/fc(t0 + Δt1) = 0.85 (≈0.8�1.06) should
be assumed. This assumption is obviously safe and when vari-
able (rapid) actions may have significant relevance, a more
refined estimate of the strength can be obtained by means of
Equations (17) and (18) (material and structural levels,
respectively).

For more complex loading patterns or when more accu-
rate estimates of the strength reduction shall be obtained
(both for design and for assessment), the general approaches
described in this paper (using the Palmgren-Miner rule or
the general rheological approach by Tasevski et al.13) can
for instance be used.

4.3 | Influence of time of application of variable loads
on the strength of concrete

The case of application of a variable action after a period of
sustained load was investigated in Section 3.4 by consider-
ing the variable action as instantaneous. However, this might
not be the case in many design situations, where the variable

actions might be applied during some minutes, hours or even
days (refer to point E in Figure 14a).

In a general manner, the influence of the duration of the
application of the variable load on the concrete strength can
be addressed by using the general procedures presented in
this paper. Figure 14b,c show for instance the results calcu-
lated by using the refined model of Tasevski et al.13 with ref-
erence to two values of parameter s (0.25 and 0.15,
respectively, values for s = 0.35 being almost identical to
those of s = 0.25). In those figures, the factor increasing the
strength by 6% has already been considered, in order to be
consistent with the application of these results to design for-
mulas (referring normally to generalized stresses or internal
forces). The results show that a reduction on the strength can
already be noted for relatively low times of application of
the variable load and that it can clearly be appreciated
for durations of the variable load of some days. The ratio
σperm/σtot also plays a significant role, by reducing notably
the strength for ratios σperm/σtot above 0.6.

5 | CONCLUSIONS

This paper investigates on the reduction of the strength of
concrete when it is subjected to high levels of sustained
stress and to different loading patterns. A simplified analyti-
cal approach is proposed based on the general mechanical
model by Tasevski et al.13 The main conclusions of this
paper are:

1. The phenomenon of concrete creep shall be accounted
for both for Serviceability Limit States (SLS) and Ulti-
mate Limit States (ULS). Even if at SLS the ratio
between the applied stresses and the material strength is
moderate, at ULS this ratio might be high accounting for
the characteristic values of actions and material strengths
and for the safety coefficients. In this latter case, mate-
rial damage may develop (characterized by microcrack
progression and coalescence) and lead to failures under
sustained load.
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2. The development of inelastic strains associated to mate-
rial damage due to the application of high levels of stress
is potentially detrimental for the strength of a member,
unless they can be compensated by the increase of
strength due to the continued cement hydration. This
material damage is associated to the development of
nonlinear creep strains which however have a potentially
favorable effect for the structural strength, allowing for
stress redistributions between more and less stressed
regions. This latter phenomenon is particularly benefi-
cial and notorious for compression regions in bending
(with a strain gradient) or for reinforced concrete

columns, where the longitudinal reinforcement can be
additionally activated.

3. Simple expressions can be derived to characterize the fail-
ure load of concrete under sustained stress. Combining
these expressions with the Palmgren-Miner's rule provides
a practical manner to account for damage accumulation
and to estimate the failure load and time. When compared
to test results, both a detailed material-damage approach
and the simplified Palmgren-Miner's rule yield fine and
consistent results for stress and strain rate loading patterns.

4. The analyses presented in this paper confirm that the
beneficial effect of continued cement hydration usually
compensates for the detrimental effect of sustained load-
ing. This holds true provided that the concrete strength
is determined at 28 days and the ULS occurs after a suf-
ficiently long period of time. In case the concrete
strength is determined later than 28 days (particularly
relevant for assessment of existing structures), the reduc-
tion of concrete strength accounting for long-term and
high-sustained loading is justified.

5. When concrete is loaded some weeks after casting, the
results of this paper confirm that failures under sustained
loading typically occur after some hours or days. How-
ever, when a concrete is loaded at very high age (some
years or decades), failures may potentially occur after a
longer period of time.

6. For a given level of total stress, a combination of perma-
nent actions and a rapid variable action is less detrimen-
tal for the concrete compressive strength than a full
permanent action. This phenomenon can be described
by simple, code-like expressions resulting in a linear
interpolation between the response of a member failing
under constant sustained load and the case where perma-
nent load effects can be neglected. Also, for cases where
the variable action is maintained over a period of time, a
similar approach can be followed (associated to larger
strength reductions than rapid applications of the vari-
able loads).
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NOTATION

Variables
fc uniaxial compressive strength of concrete [MPa]
fc,tref reference compressive strength obtained at a

strain rate of 0.02 ‰�s−1 and at an age tref [MPa]
fc,28 reference compressive strength at an age tref = 28

days [MPa]
fc,ΔtF compressive stress at failure under sustained load
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FIGURE 14 Influence of the duration of the application of the variable
load: (a) load pattern; (b and c) strength reductions (for structural design) as
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fc,var compressive stress at failure under variable action
after a permanent load σperm [MPa]

k1, k2 constant
kt strength reduction factor of concrete accounting

for sustained load action
t time
t0 concrete age at loading [days]
tref concrete age at reference strength testing [days]
Δt time under sustained stress for a constant

stress level test or time after beginning of a
strain or stress rate test (in the case of rapid
initial loading, time after the initial load-
ing ramp)

ΔtF time under sustained stress required to attain
failure

α parameter governing the shape of tertiary creep
strain development curve

βcc parameter to describe the development of con-
crete strength with time

γ parameter characterizing tertiary creep
_ε strain rate
εc concrete strain
εc0 instantaneous pre-peak strain
εcc creep strain
εcs shrinkage strain
λ constant in [days]
η, ητ affinity coefficient
σc concrete stress
σperm stress due to permanent actions
σtot total applied stress
φ creep coefficient

Indexes
av available
c concrete
cc concrete creep, except in the case of βcc
cc,1 primary creep
cc,2 secondary creep
cc,3 tertiary creep
cs concrete shrinkage
in inelastic
lin linear
nl nonlinear
F at failure
perm permanent load
ref reference
tot total
τ time-related
var variable action
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